CHUONG 2. TICH VO HUONG CUA
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CHUONG 2. TICH VO HUONG CUA HAI VECTGC VA
UNG DUNG

KHUNG MA TRAN

. CAP DO TU DUY
CHU DE Cong
CHUKN KTKN Nhan Thong Van Van .
biét hiéu dung dung cao
(1) Gia tri lugng giac ciia Cau 1 Cau 2 Cau 4 5
. . au
mot goc bat ki twr 0° den 180° Cau 3 Cau 5 25%
Cau 8 Cau 12 12
@ Tich vo hu’(jng ctia hai Cau 6 Cau 9 Cau 13 Cau 16
véc-to Cau 7 Cau 10 Cau 14 Cau 17
Cau 11 Cau 15 60%
Cac hé thic lugng t 12
® Céc he thic lugng trong | . 1o | caugg | can 20
tam giac va gial tam giac 45%
4 T 7 2 20
Cong
20% 35% 35% 10% 100%
BANG MO TA CHI TIET NI DUNG CAU HOI
CHU DE CAU| MUC DO MO TA
1 NB Tinh gid tri lugng gidc clia mot goc khi biét
mot GTLG
Chi de. 1. Gid tri 2 TH Chiing minh déng thiic lugng giac
lugng gidac ciua mot ) 7 Y o . -
géc bét ki tiv 0° dén 3 TH Tinh gia tri bieu thic lugng giac
180° 4 VDT Rit gon bicu thitc lugng giac
5 VDT Cac hé thitc lien quan dén tam giac
6 NB Xéc dinh goc gitta hai vecto bang dinh nghia
7 NB Tinh tich vd huéng ctia hai vecto theo dinh
nghia
8 TH Tinh goéc gitta hai véc-to
9 WH Diuing tich vo6 huéng dé ching minh vuong géc
Chi dé 2. Gid tri 10 TH Tinh do dai vecto khi biét toa do véc-to
lugng gidc cida mot 11 TH Tim toa do trung diém, trong tam
cun ;
g 12 VDT Cac dang toan lien quan dén thang hang, ciing
phuong
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13 VDT Chiing minh hé thtc lien quan dén tich vo
huéng

14 vDT Biéu thiic toa do tich vo huéng

15 VDT Tim toa do diém thoéa heé thic khac

16 VDT Tim toa do truyc tam, chan duong cao, tam
duong tron ngoai tiép

17 VDC Tim toa do tam duong tron noi tiép

18 NB He thic luong trong tam gidc vuong, ti so

Chi dé 3. Cong thiie luong gide
lwong gidc 19 TH St dung cac HTL dé chitng minh
20 TH Tinh cac yéu to trong tam gidc, gidi tam giac

@ OE KIEM TRA

PésH 1

Cau 1. Cho a la goc tit. Ménh dé nao dang trong cdc ménh dé sau?
@Sina<0. cos&>0. @cota>0. @tana<0.
Loi giai.
Do a > 90° nén tana < 0.
Chon dap an @ O

Cau 2. Trong cac hé thitc sau hé thicc nao diang?
a
@sin2a+cosa2:1. sin2a+(:082§:1.

@ sina? + cosa? = 1. [D]sin® 2a + cos? 20 = 1.
Lot giai.
Cong thiic co ban sin? 2a + cos? 2o = 1.
Chon dap an @ OJ
Z 2 i t 3t
Cau 3. Cho biet cosa = —=. Tinh gia tri ctia biéu thic E = i and,
19 3 19 /4 2cot o+ tan o o
e Bl 15 I3 N
Loi giai.
i %
_cota+3tana  1+3tan’a  3(tan*a+1)—2 o, © 3—2cos’a 19
~ 2cota+tana 24 tan’a 1+ (14tan’a) 1 +1_ 1 +cos2a 13
cos? «
Chon dap an O

Cau 4. Biéu thitc tan? 2 - sin? x — tan? x + sin? 2 ¢6 gia tri bing

@A) -1. 0. (©2. D)1.

Loi giai.
;2
2 win? 2 2 2 (i .2 pn ¥ 2 .2
tan®x - sin“r — tan” x + sin“ x = tan x(sm x—1)+sm T = 5 (—cos®x) +sin“z =0
cos”
Chon dép an (B) O
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Cau 5. Cho tam giac ABC' véi A = 60°. Tih tong (A—B), B_(f) + (B—C'), Cﬁ) .

(A) 360°. 240°. (C) 270°. (D) 120°.
Lo giai.
Dung (E}’:(ﬁva (B_C):(C—F)Tacé (A—B),B—C))—i- E
(B¢.5A) — (BB, BC) + (F. )

_— —~

— CBE + ACF = (60° + C) + (60° + B) = 240°.

B 60° + C'

60° + B

F
Chon dap an O
Cau 6. Cho tam giac ABC vudng tai A va goc ABC = 30°. Xéc dinh goc gitta hai véc-to (CTA), @)
(A) 120°. B) —30°. 60°. (D)30°.
Loi giai.
Géc gitta hai vée-to (C'A,CB) = ACB = 90° — 30° = 60°.

Chon dap an @ O

Cau 7. Cho hinh vuong ABCD canh a. Tinh tich vo huéng ctia hai vecto AB va AC.
@E-@zQa. E-E:a\/ﬁ. A—B)-A_C’):az. @Zﬁ-@z?a?

Loi giai.

Ta ¢6 AB - AC = |AB| - |AC| - cos(AB, AC) = a - av/2 cos 45° = a2,

Chon dap an @ O

Cau 8. Cho @ = (1;2), b = (=2, —1). Gid triclia @ - b 1a

(A)4. (—3,3). (©) (~1,1). [D] —4.

Loi gidi.

Tacoa-b = aiby + azbs.

Dodéotaco @ -b=1-(=2)+2-(-1)=—4.

Chon dap an @ O

; . 9 .
Cau 9. Trong mit phang Ozy, cho hai diem A (—1;2), B (5, 3). Tim toa do diem C' trén truc Ox

sao cho tam giac ABC vuong tai C' va C' ¢6 toa do nguyen.

(&) (~3;0). (3:0). ©)(0;-3). D) (0;3).
Lai giai.
Goi O(c; 0) 1a diém thuoc Ox. Dé tam gidac ABC vuong tai C' thi

C =

@Lﬁ@@-@zO@(chl)(c—g>+(—2)(—3)20@

CcC =

N — W

%44 L2 /* GIAO VIEN: PHAN TRAN THANH HIEU - &: 0906 087 784 /7%, * Trang 3 °



s R R CHUGONG 2. TICH VO HUGONG CUA
BO BE KIEM TRA THEO TUNG CHUCONG - HINH HOC 10 HAI VECTC VA UNG DUNG

Vi C' ¢6 toa do nguyén nén suy ra C' (3;0).

Chon dap an O
Cau 10. Trong mit phang toa do Ozy, cho cac diém A(—4;2), B(2;4). Tinh do dai AB.
(A) AB = 40. B) AB = 2. (C) AB = 4. [D] AB = 2//10.
Ldl giai.
AB = (6;2) = AB = 2//10.
Chon dap an @ O

Cau 11. Trong mit phing véi he toa do Ozy, cho diém A(—1;—1), B(4;1). Tim toa do trong tam
G cta tam gidc OAB.

[A] G (1;0). G(;;o). @G(g;—l). @G(%;—%).

Loi gidi.
Tacéxgzwznaygzwzo. Vay G (1;0)
Chon dap an @ O

Cau 12. Trong mit phang Oxy cho hai diém A(2;1), B(—1;2). Xac dinh toa do diém C thudc Oz
sao cho A, B, C thing hang.
(A) (0; 5). (0; —1). (5; 0). (D) (~1;0).
Lo gidi.
Goi C(a;0) € Oz (v6i a € R).
Ta ¢6 AB = (—3; 1);A—C’) =(a—2;-1).
Dé ba diém A, B, C thing hang khi va chi khi AB, AC ciing phuong = a — 2 = 3 hay a = 5.
Vay C(5;0).
Chon dap an @ O

Cau 13. Cho hai vects @ va b. Déng thiic nao sau day sai?
— 1 —
[A]T-b == <)—’+b‘ —’7—1)’). ?z'-b:
— 2 —
@3.b:§(|m i -a-7). ©@@7-
Loi giai.
= £ 1 — —|2 — —|2 oY —
Déthay§<‘a—|—b) —‘a—b‘)zQa-bnéna-b:
Chondépén@

Cau 14. Trong hé truc toa do Oxy, cho @ = (2;5) va ¥ = (—3;1). Tim s6 thyc m dé @ = m4 +
tao v6i b = (1;1) mot goc 45°.

@m:—l. m:2. @m:—%. @m—g.

L&i giai.

S
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Vec-to @ = (2m — 3;5m + 1); b= (1;1).

Loy V2
cos(a,b)zT
(2m—3)-14+(Gm+1)-1 V2
VCm =32+ (BGm+1)2-v2 2
Tm — 2 -
V20m2 —2m + 10
& V29m2 —2m +10 = Tm — 2
Tm—2>0
{29m2—2m+10:49m2—28m+4
ng 3
e 7 S m=—.
20m? — 26m — 6 = 0 2
Chondépz’m@ OJ

Cau 15. Trong mit phang véi hé toa do Oxy, cho hinh binh hanh ABCD c6 A(1; —2), B(—5;3) v&

2
G (5, 1) la trong tam tam giac ABC'. Tim toa do dinh D.

(A) D(10; —4). D(12;—3). (C) D(10; -3). (D) D(3; —10).

Loi giai.
— — 17
Goi D(z;y). Khi d6 BD = (x + 5;y — 3) va BG = (?, —2).
TAb=17 r=12
=

y—3=—6 y=-—3
Chon d4ap an O

Cau 16. Trong mat phang toa do Ozy, cho tam giac ABC v6i A(4;3), B(—5;6) va C(—4; —1). Tim
toa do tryc tam H cua tam giac ABC.

Ta ¢6 BD = 3BG = { = D(12; —3).

(A) H(3; -2). (B) H(—3; —2). H(—3:2). (D) H(3;2).
Loi giai.
A
-
B C
Goi H(z;y) la tryc tam clia tam gidc ABC.
Ta co:

zﬁ:(x—él;y—?)); BC = (1;,=7).
BH = (x4 5,y — 6); AC = (=8; —4).
Vi H la truc tam cua tam giac ABC' nén:

AH 1 BC AH-BC =0 z—4—-Ty—3)=0 x—Ty=—-17 x=-3
— 7 ~ = =
BH L AC ~\BH-AC =0 —8(z+5)—4ly—6) =0 |2r+y=—4 y=2.
Vay H(—3;2).
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BO BE KIEM TRA THEO TUNG CHUCONG - HINH HOC 10 HAI VECTC VA UNG DUNG

Chon dap an @ O

4 1
Cau 17. Trong méat phang (Oxy) cho tam giac ABC véi A(—2;3), B (Z;O>, C'(2;0). Tim tam J

ctia duong tron noi tiép tam giac ABC.

S0 Bl o) @D

— 9 — 15
Ta co AB = <Z;_3) JAC = (4;,-3) = AB = ./ va AC = 5.
Goi AD la phan giac trong ctia géc A v6i D thuoe BC. Goi toa do cta diém D(x;y).
— — 1
DC = (2—-uz;—y); DB = (Z —x;—y).

Mat khac
1 3(2 )
DB AB =3 AB —3 =3 3=x a1 tT et r=1
—Yy= o -Y)
Vay D(1;0).
Goi BJ la duong phan gidc trong goc B véi J thuoe AD. Goi toa do cta diem J 1a J(x;y).
e 9 15
B - (%) o a5 12
1°) 7 1
e 3 3
BD = <—;0> BD = -.
1) 1
Theo tinh chat duong phan gidc géc B ta co
1
JA BA — - [-2-z=-5(1-z) [¥T3
== LWl —5oJD &
JD ~ BD {3 —y=—5(—y) _ 1
) 9
S . . W £ 4 11
Vay tam duong tron noi tiep cua tam giac ABC' la J (5, 5)
Chon dap an @ O
Cau 18. Cho tam gidc ABC vuong tai A ¢6 AB = 2cm, AC = 4cm. Do dai duong cao AH la
25 3v5 45
@)= & © D] =
Lai giai.
oot AH — _AB-AC 2.4 4¢5'
VAB?2+ AC? 22+ 47 5
Chon dap an @ OJ
Cau 19. Cho tam giac ABC ¢6 BC = a,CA = b, AB = c. Biéu thitc a? + b*> — ¢? bing
@ —2abcos C. @ 2bc cos A. 2abcos C. @ —2bc cos A.
Loi giai.
Ta c¢6 a® +b* — * = a®> + b* — (a* + b? — 2abcos C) = 2abcos C.
Chon dap an @ O

Cau 20. Cho tam giac ABC c6 dién tich bang 12. Néu tang do dai canh AB lén ba lan, dong thoi
giam do dai canh AC' con mot nita va gitt nguyén do 16n ctia goc A thi duge mot tam giac méi ¢6
dién tich S bing bao nhieu?
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(A)S = 16. B)S =8 (©) S = 60. [D] s = 18.
Loi giai.

1 _— _—
Dién tich tam giac ABC' 1a Saapc = §AB - AC -sin BAC = AB - AC - sin BAC = 24.
Dién tich tam giac ABC sau khi thay ddi do dai cac canh la

1 AC el
— 2 .3AB. 2 g — /i
S 5 3AB 5 sin BAC 7 2 18

Chon dép an (D) O
BANG DAP AN

1. D2 DJ[3. B4 B|l5. Bll6e. c|lz. Cc]ls. D] B |[10. D |
[11. A J[12. ¢ |[13. A J[14. D |[15. B |[16. C][17. A ][18. D |[19. C |[20. D |

1
Cau 1. Cho gbéc nhon a ¢6 sina = B, Gi4 tri ctia cos o 1a

®1 ® -1 vd -2

Lai gidi.

1 3
Ta c6 cos’a=1—sina=1—- = —.
4 4
. V3
Do « la goc nhon, suy ra cosa = -
Chon dap an @ O
Cau 2. Khang dinh nao sau day la ding?
@sin4 x —cos*z = 1 — 2sin’ x cos? . sin*z — cos?x =1 — 2cos? 7.
@sin4x —costr =1—2sin’z. @sin4x —cos*z = 2cos?x — 1.
Loi giai.

Ta ¢6 sin*z — cos?x = (Sin2 x — cos? x) (sin2 x + cos? x) =1—2cos?z.

Chon dap an O

3 2 N
Cau 3. Cho sinz = —, 90° < z < 180°. Gia tri ctia bicu thitc P = tanz - cos® z bang

12 25 25 12
) D]
9]

25° 12 1%
Loi giai.
9 16
cosfr=1—sinz=1— —=— =cosx = +—.
25 A0 45
Do 90° < x < 180° = cosz < 0. Vay cosz = —E
i 3 4 12
P=tanz-cos?z = Sl dB/r =it 1/ fus): —w (——) =
COS T 5 5 25
Chon dap én@ O

L, tana — 3 cot « 4 -
Cau 4. Riut gon biéeu thic P = dugc ket qua la
tan o + cot

(A P=1-2sin2a. B P=1-4sin’a. (C)P=1-2cos’a. [D|P=1—4cos’a.

Lai giai.
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tan o — 2
t — 3cot t -3 4
Ta c6 P = ?na e talila: an2a 1:1—2—1:1—40082a.
an o + cot o ), tan® o + tan‘ a +
tan «
Chon dap én (D) O
Cau 5. Cho tam giac ABC. Dang thiic nao sai?
B+C A
@cos ;_ :sing. Sin (A+ B —2C) =sin3C.
A+ B+2C C
@sin(A+B):SinC’. [D]cos =S 2+ —Siﬂ;.
Loi giai.
B+C 180° — A A % 4 B+C A
® COS = cos ——— =cos | 90° — — ) = sin —, nén “cos = sin —” dung.
2 2 2 2 2 2

e sin(A+ B —2C) =sin(180° — 3C') = sin3C nén “sin(A + B — 2C') = sin3C” dung.

e sin(A+ B) =sin(180° — C') = sinC nén “sin(A + B) =sinC' 7 dung.

« A+ Bl Sy C o
® “cos ———— =ssin =" sai.
2 2

Chon dap an @ O
Cau 6. Cho tam giac ABC. Goc gitta hai véc-to CAvaCB I

(A) ABC. (B) CAB. ACB. (D) ABC.
Loi giai.
Theo dinh nghia goc gitta hai véc-to, ta co (CA; CB) = ACB.
Chon dap an @ OJ

Cau 7. Cho tam giac ABC déu c6 canh bang a. Khi dé tich vo huéng /Té . A_d bang
®-% ®% o 5
Loi giai.
_JAyy 2
AB - AC = AB - AC cos 60° = %

Chon dap an @ O
Cau 8. Cho hai véc-to @ = (4;3), b= (—1; —=7). Tinh goc gitta hai véc-to do.

Al 135°. @ 45°. (C) 30°. (D) 60°.
Ldi giai. _
Taco@-b=4-(=1)+3-(=7) = —25.

@] = V&2 +3 =5,

3] = VEDE+ (=72 = 5v2.

cos (E’, 3) = |;|): 'Z%‘ — 5—52\5/5 — —72. Suy ra (E’, 3) = 135°.

Chon dap én (A) O

Cau 9. Cho @ = (1;—2). V6i gid tri ndo cia y thi e — (—3;y) vuong goc véi @7

(A) —6. B) 6. —2. (D)3.

L&i giai.
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Tac @ Lbe T b=01(=3)+(-2) y=0& -3-2y=0ay=—
Chon dap an @ OJ
Cau 10. Trong hé toa do Oxy, cho véc-to @ = (3; —4). Dang thUC nao sau day dung?

| =

[Al|a| =>5. ®)|7| =3. ©|a D)@ =7.
Lai giéi.
Ta 6 | @] = /32 + (—4)2 = 5.
Chon dap &n (A) O

Cau 11. Trong mit phang Ozy, cho tam gisdc MNP c¢6 M(1;—1), N(5;—3) va P la diém thuoc
truc Oy, trong tam G cta tam giac M NP nim trén truc Oz. Toa do diem P la
[A] (2;4). ®B)(0;4). ©(0;2). D) (2;0).
Laoi giai.
P € Oy = P(0;y).
G € Ox = G(x;0).

14540
Diém G la trong tam ciia tam gisc MNP < { .3 IR E
1€m a tron, am cua tam glac
e ° f_ DDy Ty =4
3
Chon dap an @ O

Cau 12. Trén mat phang toa do Oxy, cho A(2;3), B(—2;1). Diém C thudc truc Oz sao cho tam
giac ABC vuong tai C' c6 toa do la
(A) C(3;0). B) C(—3;0). C(~1;0). (D) C(2;0).
Lai giai.
Ta c6 C € Ox = C(x;0). KhldoA_C') (x—2 3) BC = (z+2;-1).
TamglacABCvuongtaleAC’J_BC<:>ACBC—O<:>:U —44+3=0&2==1.
Vay C(—1;0) hodc C(1;0).
Chon dap an @ O

Cau 13. Cho hai véc-to @, b thoa man |d| = 4;

a@ — b‘ = 4. Goi « la gbc gita hai
véc-to @, b Chon phat bi¢u dang.

@azGOO. a:30°. @cosa:%. @cosazz.

Loi giai.
;|- 7 > 71? - = —\2 A —2 -2
Taco‘a—b‘:4:>’a—b =16=27 b = (@) + (V) ~16=|2| +’b) —16=09.
N i3
Khi d6 cos (7,0 ) = %:3
@5 8
Chondépén@ O

Cau 14. Trong mit phing toa do Oa:y, cho hai véc-to @ = (4;1) va ¥ = (1;4). Tim m dé véc-to
@ =m-Uu+ U tao v6i véc-to b=7 +] mot goc 45°.

1 1
@m:4. m:—E. m:—i. ®m:§
Loi giai. . -
Taco @ =(4m+1;m+4); b = (1;1) va (@; b) = 45°.
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dnm+1+m+4
=
V({Am+1)2 + (m+4)% - V12 + 12
5m + 5 V2

<:> —
VITm2 +16m +17-v/2 2
S V1ITm2 +16m+17=5m+5

= cos45°

om—+52>0
8m® +34m +8 = 0
o 1
m=—7.
Chon dép &n (C) O
ng 15. Cho hinh chit nhat ABCD biét AB = 2AD va diém K thuoc canh AB thod méan BE =
rBA. Tim x dé CK vuong géc v6i BD.
1 1 1 1
@l @l ©re—t .- L
2 3 2 4
Taco6 CK =CB+ BK =—-AD+xBA va BD = BA+ AD.
Dé CK vuong géc véi BD, ta cé
CK-BD=0
& (~AD+aBA) (BA+AD) =0
& zAB*— AD*=0 (Wi AB L AD= BA-AD =0)
& 4rAD? — AD* =0
1
& r=-.
il
1
Vay =z = -.
Chon dap an @ O
Cau 16. Cho tam gidc ABC ¢6 A(—1;3), B(—2;0), C(5;1). Truc tam H clia tam giac ABC' ¢6 toa
do la
@) (3:-1). (~1:3). © (1:-3). D) (-1:-3).
Loi giai.
Goi H(z;y).

Ta ¢6: AH = (v + 1;y —3), BC = (7;1), BH = (z + 2;), AC = (6; —2).
H&trt&cam ctia tam giac ABC nén ta co:

AH-BC =0 Tx+1)+1(y—3)=0 Tz +y=—4 z=-1
5y = = &
BH-AC =0 6(z+2)—2y=0 6x — 2y = —12

Chon dap an O

2 1 Z
Cau 17. Cho ba diem A(-2;3), B (4_1’ 0), C'(2;0). Tim toa do tam dudng tron noi tiep tam giac
ABC 11 1 /48 1 1
) el k) oG
2°2 282 @ ) 2 @ 12
Lo giai.
15 AB -3
4’ ¢=5 AC 4 5
Goi D la giao diém ciia phan giac trong géc A va BC' = DB = _ZLDC

3 = H(-1;3).
y:
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3
Le=leen (o

= 3 _ = D(1;0).

—y=-70-y9) )

15 o] /
BA=— BD=-=Fk =-5

4’ 4

3—y=-5(0-y)

Chon dép an (A) O
Cau 18. Tinh gié tri biéu thitc P = sin 30° cos 60° + sin 60° cos 30°.

[AlP=1. B) P =0. (©P=13. D) P =—V3.

Lai giai.

1
— — —2—1=-5(1— ) 11
Ta c6: JA = —5JD = ==y R/ 2:>J(—;—>.
i 29
2

Ta c6 P = sin 30° cos 60° + sin 60° cos 30° =
Chon dap &n (A) O

Cau 19. Cho AABC c6 do dai ba canh lan luct 1a 2, 3, 4. Géc nhé nhat cia AABC ¢6 sin bang
bao nhiju;.2 /3
15 2 1 3

5 2 ©-1 Y
Lo giai.
Khong mat tinh tong quét, gia sit tam gidc AABC c6 a = 2,
b=3,c=4. -
Khi d6, géc nhé nhat cia AABC 1a BAC.

Ta cb 2042 .
— + s

BAC = —MM = —,

“B 2.3.4 8

Mat khac
2
sin BAC = \/1 — cos? BAC = Ul — (g) E ?

Chon dap an @

Cau 20.

Tt vi trf A ngudi ta quan sat mot cay cao biét AH = 4 m,
HB =20 m, BAC = 45°. Chiéu cao clia cay gan vdi két qua
nao nhat?

17,3 m. 16,7 m.  (C)24 m. (D) 15,2 m.

Lai gidi.
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CHUONG 2. TICH VO HUONG CUA

BO BE KIEM TRA THEO TUNG CHUGNG — HINH HOC 10

HAI VECTO VA UNG DUNG

Xét ANAHB ta co:

C
AB =+ AH? + HB? = 4/26;
cosABE =28 _ 2N _ 5 _ IBE~11°18.
/\AB 426 /26
Suy ra ABC = 90° — 11°18 = 78°42 150
= ACD = 180° — (45° + 78°42) = 56°18' A
Ap dung Dinh 1y sin trong AABC, ta c6 o B
B AB in BAC
3¢ __AB L po -840 up~i7a.
sin BAC'  sin ACB sin ACB
Vay chiéu cao clia cay gan bang 17,3 m.
Chon déap an @ O
BANG DAP AN
1. Cc]l2. B3 DJ4 D]Jl5. DJl6. C]l7. DJ[s. Allo. C|l10. A]
[11. A ][12. ¢ ][13. D |[14. C |[15. D |[16. B |[17. A |[18. A |[19. A |[20. A |
Cau 1. Gia tri cos45° + sin 45° bang bao nhiéu?
@ V. © V3. Do.
Loi giai.
Bang cach tra bang gia tri luong giac clia cac goc dac biet hay ding MTCT ta dugdc
2
cos 45° = £
2 = cosds® + sin45° = V2.
B /&
sin45° = —
2
Chon dap an O
Cau 2. Trong céc dang thitc sau, dang thiic nao ding?
@sin (180° — a) = —cosa. sin (180° — a) = —sina.
sin (180° — a) = sina. @Sin (180° — a) = cosa.
Loi giai.
Ta ¢6 sin (180° — a) = sina.
Chon dap an @ O
Cau 3. Tinh gia tri bicu thitc P = cos 30° cos 60° — sin 30° sin 60°.
3
(AP =13 Pzg. ©Pr=1. D] P =o0.
Loi giai.
) sin 30° = cos 60°
Vi 30° va 60° 1a hai géc phu nhau nén < |
sin 60° = cos 30°.
= P = cos 30° cos 60° — sin 30° sin 60° = cos 30° cos 60° — cos 60° cos 30° = 0.
Chon dap an @ OJ
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s R R CHUGONG 2. TICH VO HUGONG CUA
BO BE KIEM TRA THEO TUNG CHUCONG - HINH HOC 10 HAI VECTC VA UNG DUNG

P _ . t 3t s .
Cau 4. Cho biet cosae = —=. Gia tri cia P = cotat stana biang bao nhiéu?
3 2cota +tana

19 19 25 25
@P:—E. BlP=1 @P:l—g. @P:—E.

Lai gidi.

Ta ¢6 bidu thiic sin?a + cos?2a =1 < sina=1—cos?a = —

Cos v sin o (_2>2+3 §
Tacép_COta+3tan0‘_ sina+3cosa _cosfa+3sin®a 3 9 19
sinav  cosa "\ 73 +§
Chon dap z’m 0

Cau 5. Cho tam gidc ABC. Tinh P =sin A - cos(B + C) + cosA sin(B + C).
[A] P =0. B)P=1. ©Pr= D) P =2
Loi giai.
Glasu’A—a B+C = B.
Biéu thitc tré thanh P = sin « cos 8 + cos asin 3.
Trong tam giac ABC', ¢6
A+ B+ C =180°= a+ [ = 180°.

Do hai géc a va 8 bt nhau nén sin o = sin ; cosa = — cos 5.
Do d6, P = sinacos 3 4 cosasin f = — sinawcos a + cos asin o = 0.
Chon dap én@ O

Cau 6. Cho hai vée-to @ va b khac 0. Xac dinh goc a gifta hai vée-to @ va b khi @b =
13| ( b ]
[A] o = 180°. B)a =0°. (©) a =90°. D)o = 45°.

Lai giai.

Taco @ b =|a|- ’ ‘ cos(T, b
Ma theo gia thiét @ - b = — |7 - ‘3}, suy ra cos(@, b) = —1 = (T, b) = 180°.
Chon dap &n (A) O

Cau 7. Cho @ va b 1a hai vée-to ciing huéng va déu khac Vec to 0. Menh dé nao sau day ding?
b—|a\ ’b’ a-b:

(I
©a b=-1 D@ b

— @] |3].
Loi giai
Tacod-b = E’|-’b‘-cos(a’,b).
Do @ va b la hai véc-to cung hudng nén (a,?) = 0° = cos(d, 7))) =1. Vay @ - b= || - ‘?))’
Chon dap an@ O

Cau 8. Trong mit phang toa do Oxy, cho hai véc-to @ = (—1;1) va b= (2;0). Tinh cosin ctia goc
gitta hai véc-to @ va b

L&i giai.
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CHUONG 2. TICH VO HUONG CUA

BO BE KIEM TRA THEO TUNG CHUONG — HINH HOC 10 HAI VECTO VA UNG DUNG
> B 1-241-0 2
Ta c¢6 cos(a, b) = a — = il :—i.
|3\']b\ VEDZH 12 V2210 2
Chon dap an O
2 > 1“’ —->
Cau 9. Trong mat phang toa do Owxzy, cho hai vécto uw = 3t - 5j va
T =ki —47. Tim k dé véc-to ¥ vuong goc véi T.
(A) k = 20. B) k = —20. [C] k = —40. (D) k = 40.
Loi giai.
) N 1 =

T gid thiét suy ra © = (5, =5), v = (k; —4).

. > o 1
Yéu cau bai toan suy ra © L U & Ek +(=5)-(—-4) =0 & k= —40.
Chon dép &n (C) O
Cau 10. Trong hé toa do (O; i; 7)), cho véc-to @ = —5 1 — 5] Do dai ciia véc-to @ bang

1

—. 1. —. —.

®! ©! DK
Lai giéi.
3 4—» N ( 3 4) \/ T 4

T =——17 —= =|—-=;—= =1/(—= ——)2=1.
Chon dap an O

Cau 11. Trong mit phiang toa do Owzy, cho ba diém A(—3;—2), B(3;6) va C(11;0). Tim toa do
diém D dé tit giac ABCD la hinh vuong.
[A] D(5; -8). . B) D(8;5). (C) D(=5;8). (D) D(-8;5).
Loi glal
Ta c6 BA = (=6;-8), BC = (8;—6).
Khi d6 BA - BC = (=6) - 8+ (=8) - (=6) = 0 = ABC = 90°.
Goi I 1a tam clia hinh vuong ABCD. Suy ra I 1 trung diém ctia AC' = I(4;—1).

r+3
. s, Y .2 o) 2 - 4 €r = 5
Goi D(z;y), do I cang la trung diem cia BD = & = D(5; —-8).
2
Chon dap an @ O

Cau 12. Trong mat phang toa do Oxy, cho hai diem M (—2;2) va N(1;1). Tim toa do diéem P thuoc
truc hoanh sao cho ba diém M, N, P thang hang.
(A) P(0;4). B) P(0;4). (C) P(4;0). [D] P(4;0).
Loi gii.
MP = (x +2;-2)
MN = (3;-1).

2 -2
T T — 4= P4:0).

Do M, N, P thang hang nén ]
Chon dap an @ OJ
Cau 13. Cho tam giac ABC ¢6 BC =a, CA=0b, AB=c. Tinh P = (A—B)—i— A—C’)) . BC.

2 2 2 2 2 2 2 2
AP =p—c pzcgb' ©pP=SFrte @p-_crb-a

3 2

Ta c6 P € Ox nén P(z;0) va {

Loigiah
Ta c6 P = (AB + AC) - BC = (AB + AC) - (BA + AC)
— (AC + AB) - (AC — AB) = AC" — AB? = AC? — AB? = 1* — &2,
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s R R CHUGONG 2. TICH VO HUGONG CUA
BO BE KIEM TRA THEO TUNG CHUCONG - HINH HOC 10 HAI VECTC VA UNG DUNG

Chon dap an @ O
Cau 14. Trong mat phang toa do Owzy, cho bon diem A(—8;0), B(0;4), C(2;0) va D(—3;—5).
Khang dinh nao sau day la dang?
@Hal goc BAD va BCD phu nhau. Go6c BC'D la goc nhon.
@cos AB,AD) = COS(OB7 C’D). D] Hai goc BAD va BC'D bi nhau.
Loi glal - 2 Fiicss
Ta ¢6 AB = (8;4), AD = (5;=5), CB = (=2;4), CD = (=5;-5).
N . A i
cos(AB,AD) _ 857 (=5) f
V8 + 4252 +52 /10
> > —2) - (— 4. (— i
cos(C’BCD):( ) (5)+ <5):— .
V2422452 V10
= cos(AB AD) + COS(C'B C’D) — 0= BAD + BCD = 180°.
Chon dap an @ O
Cau 15. Trong mat phang toa do Ozy, cho hai diém A(—2;4) va B(8;4). Tim toa do diém C thuoc
truc hoanh sao cho tam gidc ABC' vuong tai C.
(A) C(6;0). C(0;0), C(6;0).  (C)C(0;0). (D) C(~1;0).

L&i giai.

Suy ra

CA=(-2-rc4)
Ta c6 C € Ox nén C(¢;0) va <
CB = (8 — ¢;4).

Tam giac ABC vuong tai C' nén CA-CB=0

(20 B-)+4-4=0e =0 |°= 87 CEO
—2—¢) - —C . = CcC — 0=
c=0= C(0;0).
Chon dap an O
Cau 16. Trong mat phang toa do Oxy, cho tam gidc ABC c6 A(4;3), B(2;7) va C(—3; —8). Tim
toa do chan duong cao A’ ké tir dinh A xudng canh BC.
(A) A'(1;—4). B) A'(~1:4). [C] A'(1;4). (D) A'(4;1).
Loi gii.

AA = (x —4;y —3)
Goi A'(z;y). Ta co BC = (—5; —15) A
B—A7:(x—2;y—7).
T gid thiét, ta co e
AA" I BC AA"-BC =0 (1)
B, A',C thing hang BA — kBC. (2)

-
B A C
e (1) —5(x—4)—15(y—3) =0« x + 3y = 13.
r—2 y—7T
2 = —y=—-L
e (2)& — _15<:>3x Yy
3y =13 =1
Gigihe ¢~ Y = 17T S A1),
v —y=—1 =4
ChQHdépéH@ O
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s R R CHUGONG 2. TICH VO HUGONG CUA
BO BE KIEM TRA THEO TUNG CHUCONG - HINH HOC 10 HAI VECTC VA UNG DUNG

. 1
Cau 17. Trong mat phang (Ozxy), cho tam gidc ABC ¢6 A(—2;3), B (Z;O), C(2;0). Tim toa do
tam J clia duong tron noi tiép tam giac ABC.
11 o 1 1 1

A (53) (--3) (3:9) (0-3)

[A]7 (55 ® 753 © 750 @Jo2
Loi giai.

e 9 15 T
Ta c6 AB = Z;_?) :>AB:ZvaAC:(4;—3):>AC’:5. A
Goi D(z;y) la chan duong phan gidc trong goc A.
— —_— 1

Ta c6 DC = (2 —x;—y) va DB = (4_1 —w—y).

DB AB 3
- _ = 2 J
Theo tinh chat duong phan giac Yl ) 10 -1
_ Ry ——z=——(2—1) =1
Suy ra DB = —-D(C < 4 3 =7 = D(1;0). B D ¢
4 3 y=0
—y=-2:(~y)
L = 3 3
Ta c6 BD = <4_1;0> :>BD:Z'
JA BA
Vi BJ la duong phan giac trong goc B cua tam giac 1ABD nén 7D - BD
—2—x=-5(1- CRg
~ JA=-5]D v =—5(1-2) 2
3—y=-5(-y) ’
11 T2
v a0 s (1)
ay toa do 55
Chon dap én@ O

Cau 18. Tam giac ABC vuong tai A va ¢c6 AB = AC = a. Tinh do dai duong trung tuyén BM cla
tam giac da cho.

(A) BM = 1,5a. BM = \/2a. (C) BM = \/3a. D] BM = ?a.

L&i giai.

A
M la trung diém ctia AC' = AM = 20 g. B
Xét tam giac BAM vuong tai A, ta co
2
5
BM = AR+ AN = /o> + 7 = a\zf.
-
A M C
Chon dap an @ O
Cau 19. Tam giac ABC' c6 do dai ba trung tuyén lan lugt 13 9, 12, 15. Dién tich clia tam gidc ABC
bang
(A)24. 24+/2. 72. (D) 72V/2.
Loi giai.
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BO BE KIEM TRA THEO TUNG CHUGNG — HINH HOC 10

CHUONG 2. TICH VO HUONG CUA
HAI VECTO VA UNG DUNG

[, ¥+ d

=2 _Z -3
Ma 2 1
2 2 2
, +c b
Taco {m2 =2 A S RS\ <N
b 2 4
2 2 2
s a*+b" ¢
— S eV
e 2 1

“b
p:%ﬂzf)—kx/ﬁ—l—%/l_&

a® = 292 a=2V73
b =208 = {p=413
& =100 c—=10.

Dién tich tam giac ABC 1a Saapc = v/p(p — a)(p — b)(p — ¢) = T2.

Chon dap an @

O

Cau 20. Cho tam gidc ABC ¢6 BC = /6, AC =2 va AB = /3 + 1. Ban kinh dudng tron ngoai

tiép tam giac ABC bang

@) V5. ®) V3.

Lai giai.

Nita chu vi cia tam giac ABC' la p =

[C]v2. (D)2.

AB+BC+CA  V6+3+3

2 2
Dién tich tam gidac ABC'1a S = /p(p — AB)(p — BCO)(p — CA) = 3+2\/§.
MaS:AB-fg-CAjR:AB-BC-CA:\/Q
Chondépén@ O
BANG PAP AN
1. B2 C][3. DJl4. B Alle. All7. A]ls. B C |[10. B ]
[11. A][12. D][13. A[14. D B |[16. C |[17. A |[18. D |[19. C |[20. C |
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